ISOIM%DV\% @2 | The evw}?%j ref doer not contain oo and is open in X 5o 9963_9(
Theset X onfeing 00 but X = fcu {>} and 95 i wmpac} (Fo\d you
we wounld have to cave about this ) Suppore {U,,}Lcl— is an indexed 7[uwn
Oﬁopem}e%ﬂf\ X Yhen let T={ceT | =0 €0 } and wrikk (JT°= I\T)

Ugezu‘ - UJ'c-:r UJ v U\je:ﬁ Yj
= kKU {W>-_]'V\OV\) olofevvimg

h’grjefﬁef' Kj < X be compact with U N
fhat Uj 15 open in X for je T, (wemayasiume TG, otnevwie i Ts cleav )

U'_ UJ' v U— <UJ' - U‘ej Kj_Q viel o ch_jc k{J

J
- (UJ’GT Kf v U U) U {m}

jeﬂ‘ )

(Njes K 0 Ne U )70 £

But each K / < X is wmpac}* hewnce closed so ﬂJ eJ KJ N jers U'C
5 a cloed subspare of a wmpact space |< (P'ckjoc J, and nofe thad
ot J= 9{ theve s nothing fo ,ovove) hemce wmpack, so we are done :
LOGT J |SoPeﬂ

F Ve X amopen'f’l’lem are four casen:
(i) U, Ve X ave open, then UnvY is open.
() U=Kw{w} VeXisopen, UNV = KNV € Xisspen.
(i) U EX/ V= KL {3} rame o (i),
(V) V=K u{o), V=Lu{eo] with KL wmpacnt,‘}/l/\ey\
UNV = (KoL) L {o] with KUL owmpct.
which shows J (\V isopenin X, hence T i atfopolo9y. [f



SO\M‘HUV\% (3 Let {UQ}[GI he anopen c,ovevd‘[ >ﬁ<‘/ andl fuppore 00 & UED .
Then Ui = KL {=) for come compact K< X. The open
sek 1UYier over K, 5o let T=T be fintk with 'K < U\/“e:r UJ

Then we hawve

X = X u{=)

— KUK“U {e]
K v U,
(UJGT UJ) v Ui,

I

N

fo J U fie} s aﬁmikmlgc,ovef, o prve >/(V s Hawdo/#f/ e
suffanto wonsicler xe X and obsewe that since Xis locall
covpact theve excishks x €U € K with U open, K @mpact,
but then xe U and 00 € KU {=} gie diJijV\" opein

~o

me‘\alnbowhoodra—f 2,0 in X . O

|SD\VAW"OV\+0 Quy | The map X i X is cleon/lv wntinuows, sine i K € Xis
wmpackthen K 15 clored hene K s o pen . Tt s a bijection
onfo s ymage , anc o homeomorphim since # UeXis open then 75((]) X}
open by definition. ]

Solwhionto G4 | Let Jf:)(—% R confinuows be given. The dode of. F l?\j.M} Jome
real number N\ = F("O), ancl the fack that F is conhinuouns
¥ ec,uimlewHo the conshaint that for all £> 0O the sef

~

F7B:0) = X

I open. Buttisis eC{m«fa/eVl)"}'D wmlpac}m’/)/cqp 7’%0 Je/‘
{"G X | 1f0) -2 > 5}_ Sowe have our charactevisation



a conhinuows fundion 2 X — IR extenchrto X if and only if Hheve exich
NelR such that f“)\ vanishes al ihfﬂnﬁ‘j) b\‘j whidh we meon fhat
for all € >0 4he jet {xeX [ 1e9-2) =z <€ i wmpad\.
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